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The minimum separation between reconnecting vortices in fluids and superfluids
obeys a universal scaling law with respect to time. The prereconnection and the
postreconnection prefactors of this scaling law are different, a property related to
irreversibility and to energy transfer and dissipation mechanisms. In the present work,
we determine the temperature dependence of these prefactors in superfluid helium from
experiments and a numeric model which fully accounts for the coupled dynamics of the
superfluid vortex lines and the thermal normal fluid component. At all temperatures,
we observe a pre- and postreconnection asymmetry similar to that observed in other
superfluids and in classical viscous fluids, indicating that vortex reconnections display
a universal behavior independent of the small-scale regularizing dynamics. We also
numerically show that each vortex reconnection event represents a sudden injection of
energy in the normal fluid. Finally we argue that in a turbulent flow, these punctuated
energy injections can sustain the normal fluid in a perturbed state, provided that the
density of superfluid vortices is large enough.

reconnections | superfluids | vortices | turbulence

Reconnections are the fundamental events that change the topology of the field lines in
fluids and plasmas during their time evolution. Reconnections thus determine important
physical properties, such as mixing and interscale energy transfer in fluids (1), or solar
flares and tokamak instabilities in plasmas (2). The nature of reconnections is more clearly
studied if the field lines are concentrated in well-separated filamentary structures: vortices
in fluids and magnetic flux tubes in plasmas. In superfluid helium this concentration is
extreme, providing an ideal context: superfluid vorticity is confined to vortex lines of
atomic thickness (approximately 2y ~ 10719 m); a further simplification is that, unlike
what happens in ordinary fluids, the circulation of a superfluid vortex is constrained to
the quantized value k = A/m = 9.97 x 1078 m? /s, where  is the mass of one helium
atom and 4 is Planck’s constant.

It was in this superfluid context that it was theoretically and experimentally recognized
(3-9) that reconnections share a universal property irrespective of the initial condition:
the minimum distance between reconnecting vortices, 5%, scales with time, #, according

to the form
5% (1) = AT (x|t — o)) V2, (1]

where 7y is the reconnection time, and the dimensionless prefactors A~ and A™ refer,
respectively, to before (# < fy) and after (¢ > #) the reconnection. The same scaling
law was then found for reconnections in ordinary viscous fluids (10). In the case of a
pure superfluid at temperature 7° = 0 K, theoretical work based on the Gross—Pitaevskii
equation (GPE) has shown that AT > A~ that is, after the reconnection, vortex lines
move away from each other faster than in the initial approach; this result has been related
to irreversibility (11, 12). Indeed, a geometrical constraint imposes (12) that a piece of
vortex length needs to be “deleted” during the reconnection process. In the GP model,
this loss is possible by the emission of a rarefaction pulse created immediately after the
reconnection (6, 13) which removes some of the kinetic energy and momentum of the
vortex configuration. This vortex energy loss depends on the ratio AT /A~, which in
turn defines the approaching angle of collision between the vortices, together with other
several geometrical quantities (7, 12). The temporal asymmetry AT > A~ can be thus
interpreted as a nontrivial manifestation of irreversibility, as it originates from an ideal
hydrodynamic process independent of the small-scale regularization mechanism of the

fuid.
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superfluid energy into the
thermal normal fluid, maintaining
it in a dynamically perturbed
state.

The authors declare no competing interest.
This article is a PNAS Direct Submission.

Copyright ® 2025 the Author(s). Published by PNAS.
This article is distributed under Creative Commons
Attribution-NonCommercial-NoDerivatives License 4.0
(CC BY-NC-ND).

"To whom correspondence may be addressed. Email:
p.stasiak@newcastle.ac.uk.

This article contains supporting information online
athttps://www.pnas.org/lookup/suppl/doi:10.1073/pnas.
2426064122/-/DCSupplemental.

Published May 22, 2025.

10f5


http://crossmark.crossref.org/dialog/?doi=10.1073/pnas.2426064122&domain=pdf&date_stamp=2025-05-22
https://orcid.org/0009-0006-5199-0317
https://orcid.org/0000-0003-0755-3938
https://orcid.org/0000-0001-6570-4330
https://orcid.org/0000-0002-4908-7341
https://orcid.org/0000-0002-9466-3213
https://orcid.org/0000-0002-3435-4259
https://orcid.org/0000-0002-9934-6292
https://creativecommons.org/licenses/by-nc-nd/4.0/
https://creativecommons.org/licenses/by-nc-nd/4.0/
https://creativecommons.org/licenses/by-nc-nd/4.0/
mailto:p.stasiak@newcastle.ac.uk
https://www.pnas.org/lookup/suppl/doi:10.1073/pnas.2426064122/-/DCSupplemental
https://www.pnas.org/lookup/suppl/doi:10.1073/pnas.2426064122/-/DCSupplemental

Downloaded from https://www.pnas.org by NEWCASTLE UNIVERSITY ROBINSON LIBRARY on May 22, 2025 from | P address 192.54.174.98.

0.0e+00 0.2 0.3 0.4 0.5 0.6 0.7 0.8 1.0e+00
|

0.0e+00 0.2 0.3 0.4 0.5 0.6 0.7 0.8 1.0e+00 0.0e+00 0.2 0.3 0.4 0.5 0.6 0.7 0.8 1.0e+00
" |

0.0e+00 0.2 0.3 0.4 0.5 0.6 0.7 0.8 1.0e+00
|

Fig. 1. Top row: Images showing tracer particles trapped on reconnecting vortices in superfluid helium at 1.65K. The arrows denote the vortices before
and after the reconnection. The first two images show that the vortices approach each other before the reconnection, which occurs at t = 0.58 s. After the
reconnection, the resulting vortices start to move apart, as shown in the last two images. Bottom row: Oblique collision of two circular vortex rings at different
(dimensionless) times, here in units of = 0.183s. The superfluid vortex lines are represented by red tubes (the radius has been greatly exaggerated for visual
purposes); the scaled normal fluid enstrophy 2 /2,4 is represented by the blue volume rendering.

Indeed, in classical fluid vortex reconnections, although the
definition of AT is more delicate as circulation is not necessarily
conserved, the same asymmetry AT > A~ was reported (10).
Instead of the generation of rarefaction pulses, like in the case
of T = 0 superfluids, close to the reconnection, the classical
fluid creates a series of thin secondary structures that can be then
efficiently dissipated by viscous dissipation. We note that the
reconnection event also generates wavepackets of Kelvin waves
about either side of the reconnection cusp, which propagate
outward (visible in the Boztom panel of Fig 1). These waves
are the fundamental mechanism transferring superfluid kinetic
energy to smaller scales (14, 15). The interaction of Kelvin waves
with the normal fluid has recently been studied (16, 17).

The case of superfluid helium at nonzero temperatures is more
intriguing. Most experiments are performed at 7 > 1K, aregime
in which in addition to quantum vortices, thermal excitations
constitute a viscous liquid called the normal fluid. The normal
fluid can steal energy from filaments and dissipate it by viscous
effects, opening in that way more routes toward irreversibility.
Modern visualization techniques rely on hydrogen/deuterium
tracer particles to decorate superfluid vortices (4, 18-20).
Numerous studies have provided insight into the postreconnec-
tion dynamics and the prefactor AT, but much less is known
about A from experiments due to the challenges of visualizing
vortices approaching a reconnection.

The aim of this Letter is to investigate the role played by the
normal fluid in the reconnection dynamics. In particular, given
the temperature dependence of the normal fluid’s properties, we
study experimentally and numerically the temperature depen-
dence of the prefactors AT and A~ and numerically investigate
the energy injected in the normal fluid. To achieve this aim we
need a more powerful model than the GPE to account not only for
the dynamics of the superfluid vortices but also for the dynamics
of the normal fluid. We show that at nonzero temperatures
Eq. 1 and the relation AT > A~ hold true, in agreement with
experiments, revealing a temperature dependence of A1 /A~.
In addition, we show that a vortex reconnection represents an
unusual kind of punctuated energy injection into the normal fluid
which acts alongside the well-known (continual) friction. When
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applied to superfluid turbulence, this last result implies that, if
the vortex line density (hence the frequency of reconnections)
is large enough, vortex reconnections can maintain the normal
fluid in a perturbed state.

Results

Scaling Law. In the experiment, two reconnections were observed
where both A1 and A~ could be identified and calculated, at
T =1.65Kand T = 2K, plotted as orange triangles in Fig. 2B.
We also analyzed six additional experimental observations of
the postreconnection dynamics only (vertical dot-dashed lines).
All were consistent with the §!/2 scaling with AT in the
range 1.2 to 4.2, plotted as vertical lines in Fig. 2B. Their
corresponding minimal distances are displayed in the /nser of
Fig 2A. The prereconnection factor A~ lies within the 0.4 to
0.6 range, consistent with the results of the numerics, and a clear
temperature effect between a superfluid component majority and
normal fluid component majority. In the case of the Hopf link,
we have performed 147 simulations (49 across 3 temperatures)
as shown in Fig. 24 and verified Eq. 1 for the minimum distance
8% (21). The prefactors AT have been computed in the shaded
region of the figure. In the prereconnection regime (r < z)
we observe a clear segregation of the values of A~ due to
temperature: the minimum distance grows more rapidly with
time if the temperature is lowered. In stark contrast, there is
almost no memory of the temperature in the postreconnection
regime (¢ > 1).

At T = 0 K, our calculations for superfluid helium (black
symbols in Fig. 2B) are in good agreement with previous
results obtained with the GPE (11) (green diamonds), showing
irreversible dynamics. In addition, the computed values of A~ &
0.4-0.6 at T = 0 K are consistent with analytical calculations
(22, 23). At nonzero temperatures, our results confirm the
irreversibility of vortex reconnections observed at 7 = 0 as AT is
always larger than A~. Importantly, this asymmetry is recovered
in all our simulations, regardless of their initial condition. The
same asymmetry between AT and A~ at nonzero tempera-
tures has been observed for reconnections in finite-temperature
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Fig. 2. (A) Time evolution of the (dimensionless) minimum distance squared
52 plotted vs. (dimensionless) «(t — tg) for the Hopf link reconnections
at T = 0K 1.9K, and 2.1K (black, blue, and red, respectively). The gray
shaded areas are the regions used to estimate the prefactors A*. Inset:
Experimental superfluid helium data. (B) Comparison of all prefactors: Hopf
links (HL, circles), ring collisions (RC, stars with yellow outline), GPE-data from
Villois et. al. (11) (green diamonds) and experimental results from this study
(triangles and vertical dot-dashed lines). The shaded areas associated with
each color represent the convex hull of errors for each temperature and the
black dashed line represents the theoretical bound for A*T/A~. Schematic
rendering of initial conditions are included.

Bose—Einstein condensates (24), although in this work the system
is not homogeneous (the condensate is confined by a harmonic
trap) and the thermal component is a ballistic gas, not a viscous
fluid. Note that the vortex reconnections in classical viscous fluids
reported in ref. 10 also display a clear 1/2 power-law scaling for
the minimum distance with A~ & 0.3 to 0.4, which again shows
good agreement with our results. The scaling law (Eq. 1) and the
range of values of A~ hence appear to have a universal character
in vortex reconnections, independently of the nature of the fluid,
classical or quantum.

Energy Injection. The normal fluid impacts the dynamics of
reconnecting superfluid vortices via the temperature-dependent
mutual friction coefficients. Conversely, the motion of super-
fluid vortices involved in the reconnection process influences,
significantly, the dynamics of the normal fluid. Fig. 3 indeed
shows that the normal fluid energy, £, suddenly increases at
the reconnection time by an amount (*5%) which is smaller
but comparable to the continuous energy increase as vortex lines
approach each other. Indeed the curvature { = |s”| of the vortex
line spikes at # = #) when the reconnection cusp is created, and,
in the first approximation (25), the magnitude of the energy
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injected in the normal fluid per unit time / is proportional to
the strength of the mutual friction force F,, which scales as
|Fps(s)| o< |8 — v, o |s| o £. This sudden transfer of energy
(16) from the superfluid vortex configuration to the normal fluid
is the origin of the small scale normal fluid enstrophy structures
which are visible in Fig. 1.

The total energy injected into the normal fluid by the
reconnection, AE,, which hereafter we refer to as the energy
jump, is defined as

AE, = max [E,(t > 1)] — E2, 2]
where E0 = E,(1) is the normal fluid kinetic energy at # = .
Normalized energy jumps are plotted in Fig. 4 as a function of
the ratio AT /A~ . Here, we observe that the larger A /A~ is, the
smaller the normal fluid excitation is.

The emission of the sound pulse at the vortex reconnection
(13) which is typical of the GPE model is absent in our in-
compressible hydrodynamic approach. To model this effect, the
change of vortex length, AL, created by the vortex reconnection
algorithm is always negative by construction (26), because, in
the local induction approximation to the Biot—Savart law, the
superfluid incompressible kinetic energy, £, is proportional to
the vortex length, L. Such procedure ensures that at 7 = 0 K
when a reconnection occurs AE; AL < 0. Consequentially, in
the absence of any dissipative normal fluid, the superfluid energy
E; that would be transferred to the sound pulse, normalized with
its value E° at reconnection, is —AL/Ly. If these normalized
energy jumps (black diamonds in Fig. 4) are compared to
the results obtained with the compressible GPE (11) (purple
squares) we find a good agreement, confirming that the model
we employ, is suitable for the investigation of the features of
single reconnection events.

Implications for Turbulence. Our numerical results have im-
plications for our understanding of quantum turbulence (27).
A fully developed turbulent tangle of vortices is characterized
by its vortex line density £ (vortex length per unit volume);
the frequency of vortex reconnections per unit volume is
f = (x/67)L5*In(L7?/ag) (28). From Fig. 3, we estimate
the normal fluid reconnection relaxation time 7, as the time
after reconnection at which the normal fluid energy E,/E
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Fig. 3. Normal fluid kinetic energy Ep scaled by E,? (the kinetic energy att =
to), plotted versus (dimensionless) x(t — tg) for the Hopf link reconnections.
Black diamonds represent the simulations with minimum and maximum
prefactor ratios At /A~ at T = 1.9 Kand T = 2.1 K, respectively.
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Fig. 4. Normalized energy jumps AEn/EQ for Hopf link reconnections.The
solid black diamonds are the normalized change in line length AL/Lg in the
T = 0 K case. Blue and red circle correspond to T = 1.9K and T = 2.1K
respectively. The purple squares are from GPE simulations of Villois et al. (11).

has decayed to the prereconnection level: in our dimensionless
units, k7, ~ 0.25. Using this timescale, we estimate that the
average vortex line density that is required to sustain the normal
fluid in a perturbed state via frequent vortex reconnections is
approximately £ 2 10 to 108m™2. Experiments in *He (29-33)
and in 3He (34) can achieve vortex line densities much larger than
this.

Above the vortex line density threshold, the increase of normal
fluid energy generated by the reconnection will not have time to
decay before the subsequent reconnection occurs, which will add
again more energy. In this manner, the normal fluid energy will
not decay to zero, but will increase in time. In general, such
finite amplitude normal fluid disturbances constantly injected by
reconnections may become relevant for various superfluid helium
systems. One example is the oscillatory flows, which are widely
studied in superfluid helium using vibrating wires and forks.
At low frequency, perturbations which start at finite-amplitude
rather than infinitesimal-amplitude level have enough time to
become of order one (hence visible and destabilizing) in the
supercritical part of the cycle (35). A second example is pipe
flow, again relevant to helium experiments, which is known to
suffer from finite-amplitude instabilities (36). This effect clearly
needs further investigation.

Discussion

We have conducted an experiment using passive particle tracers
and a suite of numerical simulations of vortex reconnections
over a wide range of temperatures using a model of 4He which
accounts for the coupled dynamics of superfluid and normal
fluid components. We have verified the scaling law of the
minimum vortex distance 6% = A% (|t —#y])'/? and found that
the approach prefactor A~ has a clear temperature dependence
independent of the geometry in both experiments and numerics,
in contrast to the separation prefactor AT. The prefactors are in
good agreement with GPE simulations (11, 24) and classical
fluid reconnections (10) revealing that vortex reconnections
display a universal behavior, linked to irreversible vortex energy
dissipation, regardless of the nature of the fluid (classical or
quantum) and of temperature, i.c., regardless of the small scale
energy transfer mechanism. It is worth noting that the behavior,
asa function of AT /A~, of the energy injected in the normal fluid
(at T > 0) and of the energy transferred to sound (at 7 = 0)
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(11, 13) is dissimilar: the former decreases as AT /A~ increases,
the latter the opposite. This likely arises from the distinct physics
governing the loss of superfluid incompressible kinetic energy:
mutual friction at 7 > 0, quantum pressure at 7 = 0. We
have also found that a reconnection event suddenly injects an
amount of energy into the normal fluid which is comparable
to the energy transferred by friction during the vortex approach.
Applying these results to turbulence, we have compared the decay
time of the normal fluid structures created by a reconnection to
the frequency of reconnections in a vortex tangle, and argued
that, if the vortex line density is large enough, these punctuated
energy injections should sustain the normal fluid in a perturbed
state, which may lead to a new type of turbulence.

Materials and Methods

Experimental Method. To visualize the reconnection dynamics, we decorate
the vortices using solidified deuterium (D) tracer particles of density
202.8 kg/m3 (37)and mean radius 1.1 x 106 m (38, 39). These particles are
generated by injecting a D, /*He gas mixture into the superfluid helium bath
(38, 40) as described in S/ Appendix. When the particles are near the vortices,
they become trapped inside their cores because of the Bernoulli pressure arising
from the circulating superfluid flow. A thin laser sheet is used to illuminate the
particles, and their motion is recorded at 200 Hz by a camera positioned at a
right angle to the laser sheet. A high-quality reconnection event, observed at
T = 1.65 K and capturing both the pre- and postreconnection dynamics, is
shown in Fig. 1 as an example. Note that according to GP simulations (41) the
transfer of energy and momentum between particle and vortex does not modify
the approaching rates significantly. Reconnection events reported in this work
have been captured in multiple experiments, either following particle injection
orlong time (i.e., 30 to 60 s) after towing a grid through superfluid helium. (this
is also supported by the scaling symmetry of the system which allows us to draw
conclusion for length-scales relevant to experiments).

Numerical Method. We follow the approach of Schwarz (42) which exploits
the vast separation of length scales between the vortex core ag and any other
relevant distance, in particular the average distance between vortices, £, in the
case of turbulence. Vortex lines are described as space curves s(&, t), where & is
arclength. The equation of motion of the vortex lines is

[Vng . S/] S/ +ﬁ5/ X Vps +ﬁ/s/ X [S/ X Vng] , [3]

where § = 9s/at, s = ds/d¢& is the unit tangent vector, v, and vs are
the normal fluid and superfluid velocities at s, vps = vy — vs, and B, g
are temperature and Reynolds number dependent mutual friction coefficients
(43). The normal fluid velocity vy, is described as a classical fluid obeying the
incompressible (V - v, = 0) Navier-Stokes equations:

Ny V) = — 9+ vV £ T, [4]

ot p Pn
where Fps is the mutual friction force that couples the normal fluid and the
superfluid vortices, and acts as an internal injection mechanism. In Eq. 4,
p = pn + ps, where pp and ps are the normal fluid and superfluid densities,
p is the pressure, and vy is the kinematic viscosity of the normal fluid. Eqs. 3
and 4 are solved in dimensionless form by rescaling them by the characteristic
time z and length A. The algorithm for vortex reconnections is standard (26). We
considertwo distinctinitial vortex configurations at three temperatures T = 0K,
1.9 K, and 2.1 K corresponding to the superfluid fractions ps/p = 100%,
58%, and 26%. To compare with experiments, the unit of length is set to
2 = 1.59 x 10~% m, and the time units to 7 = 0.183 sat7T = 0 K and
1.9K and z = 0.242 sat T = 2.1K; see also S/ Appendix for details. All
configurations lead to a vortex reconnection. The first configuration consists of
two vortex rings of (dimensionless) radius R &~ 1 in a tent-like shape which
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collide obliquely making an initial angle & with the vertical direction, as shown
in Fig. 1, and, schematically, in Fig. 2B. By changing the parameter a, we
create a sample of 12 realizations at each temperature (again; see S/ Appendix
for details). The second configuration is the Hopf link, shown schematically in
Fig. 2B. It consists of two perpendicular linked rings of radius R ~ 1 with
an offset in the xy-plane. By changing the offset, we create a sample of 49
reconnections at each temperature, as described in S/ Appendix. In all cases,
normal fluid structures generated by moving superfluid vortex rings (44), are
initially prepared to eliminate any potential transients.

Data, Materials, and Software Availability. Data reported on plots regarding
minimum distance and energy injected have been deposited in the Newcastle
University Research repository (https://doi.org/10.25405/data.ncl.28727000.
v1)(21).
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